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Let E be an elliptic curve over the field of rational numbers with discriminant ∆ 6= 0. For
a prime p, denote by Ep the reduction modulo p of E over Fp , and define λ(p) by the equality
|E(Fp )| = p + 1 − λ(p), where |E(Fp )| is the number of points of Ep . Denote by LE (s), s = σ + it,
the L-function of the curve E.
Now let χ be a Dirichlet character modulo a prime q. For σ > 32 , the twist LE (s, χ) of LE (s) is
defined by
−1 Y 
−1
Y
λ(p)χ(p)
λ(p)χ(p) χ2 (p)
1−
1
−
+
,
LE (s, χ) =
ps
ps
p2s−1
p|∆

p∤∆

and is analytically continued to an entire function. We consider the universality of LE (s, χ) with
respect to characters χ. Let, for Q ≥ 2,
MQ =

X

X

1,

and

µQ (...) =

q≤Q χ=χ(modq)
χ6=χ0

1 X
MQ

X

1,

q≤Q χ=χ(modq)
χ6=χ0
...

where χ0 is the principal character modulo q, and, in place of dots, we will write a condition
satisfied by the pair (q, χ(modq)). Moreover, let K be the class of compact subsets of the strip
{s ∈ C : 1 < σ < 3/2} with connected complements, and H0 (K), K ∈ K, be the class of continuous
non-vanishing functions on K which are analytic in the interior of K. The main result of the report
is the following theorem.
Theorem 1. Suppose that K ∈ K and f (s) ∈ H0 (K). Then, for every ε > 0,
lim inf µQ
Q→∞



sup |L(s, χ) − f (s)| < ε
s∈K



> 0.

For the proof, a limit theorem obtained in [1] is applied.
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